Floors/Ceilings

For real values x, the "floor" of x is written (x(, and is the largest integer ≤ x.

The "ceiling" of x is written (x(, and is the smallest integer ≥ x. 

For reals x and y:

(x(–1 ≤ (x( ≤ (x( ≤ (x(+1 

Note: (x( = (x( if and only if x is an integer.

(x(+(y( ≤ (x+y( ≤ (x+y( ≤ (x(+(y(
m = (x( if and only if m ≤ x < m+1

m = (x( if and only if m–1 < x ≤ m.

For real values x, (x( = –(–x( and (x( = –(–x(
For m an integer:

(m+x( = m + (x(
(m+x( = m + (x(
(m–x( = (m+(–x)( = m+(–x( = m–(x(
(m–x( = (m+(–x)( = m+(–x( = m–(x(
For m a positive integer and n an integer:
(n/m( = ((n+m–1)/m( = ((n–1)/m(+1

(n/m( = ((n–m+1)/m( = ((n+1)/m(–1
